
Chapter 2 INFINITE HORIZONS AND OVERLAPPING GENERATIONS 

k kk 
(a) (b) 

k+ k+ 

k 

(c) (d) 
FIGURE 2.12 Various possibilities for the relationship between k, and k1 

To understand the possibility of multiple values of k*, note that since 
output per unit of capital is lower when k is higher (capital has a diminishing 
marginal product), for there to be two k"'s the saving of the young as a 

fraction of total output must be higher at the higher k*. When the fraction 
of output going to labor and the fraction of labor income saved are constant, 
the saving of the young is a constant fraction of total output, and so multiple 

ks are not possible. This is what occurs with Cobb-Douglas production and 
logarithmic utility. But if labor's share is greater at higher levels of k (which 
occurs if f) is more sharply curved than in the Cobb-Douglas case) or if 
workers save a greater fraction of their income when the rate of return is 
lower (which occurs if 0> 1), or both, there may be more than one level 
of k at which saving reproduces the existing capital stock. 

Panel (b) shows a case in which k+1 is always less than k, and in which 
k therefore converges to zero regardless of its initial value. What is needed 
for this to occur is for either labor's share or the fraction of labor income 
saved (or both) to approach zero as k approaches zero. 

Panel (c) shows a case in which k converges to zero if its initial value is 
sufficiently low, but to a strictly positive level if its initial value is sufliciently 
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